Various type contributions to Raman light scattering are investigated for the Hubbard, t − J and pseudospin-electron models. To construct the polarizability operator the microscopic approach is used, which is based on the operator expansion in the terms of the Hubbard operators using t and J as formal parameters of the expansion. Two different contributions to the dipole momentum are taken into account: one is connected with the nonhomeopolarity of filling of the electron states on a site, another -with the dipole transitions from the ground state to the excited ones (for the case of the Hubbard model) and with the dipole momentum of the pseudospins (for the case of the pseudospin-electron model). The general expressions for the scattering tensor components describing the magnon, electron (intraand interband) and pseudospin scattering are obtained. The resonant and nonresonant contributions are separated; their role at the change of the hole concentration due to doping is studied. The dependence of the Raman scattering tensor on the polarization of the incident and scattered light is investigated.
Introduction
The problem of nonphonon contributions to Raman light scattering in the crystals with the strong short-range Hubbard-type interaction between electrons remains a subject of interest during the last years in spite of the success achieved in describing the magnetic and electron Raman scattering in the systems with antiferromagnetic ordering [1] [2] [3] . The approach used by [1] was based on the techniques of constructing the effective Hamiltonian of interaction between the system and the incident light. It was shown in [1] that the main contribution to Raman scattering in antiferromagnets is due to the two-magnon scattering; the magnons which participate in this scattering are the edge magnons of the Brillouin zone. The effective scattering Hamiltonian has the structure similar to the operator of the exchange interaction and is proportional to the scalar product of spin operators on the neighbouring lattice sites; scattering intensity is determined by the square of the parameter of the electron exchange through the excited states of atoms. This idea was partially used in [2] where in the case of Hubbard model the electron scattering contributions, connected with the lower Hubbard subband, were considered. At the half filling (n = 1) and at strong correlation (U ≫ t) an antiferromagnetic state is the ground one. The transitions with the participation of the upper subband make it possible to achieve the two-magnon scattering similar to that considered in [1] . Besides such kind of scattering that can be referred to the resonant type (the scattering operator is proportional to t 2 /(U −hω 1 ), the contributions of the higher order with respect to t/(U −hω 1 ) were analyzed. The corresponding components of the scattering operator being projected on the states of the lower Hubbard subband (at the homeopolarity condition σ n iσ = 1) are expressed in terms of spin operator products; their form depends on the geometry of scattering (i.e the polarization of the incident and the scattered light) [2, 3] . The attempt was made to also describe the so-called nonresonant contributions to the scattering which manifest themselves in the doped case (at the presence of holes, n < 1) and are connected with the intraband electron transitions. There have been separated contributions proportional to t 2 ; the conditions at which such terms remain nonzero ones in the limit k 2 − k 1 → 0 were considered ( k 1 and k 2 are the wave vectors of the incident and the scattered light, respectively).
The aim of this work is to develop a scheme that will make it possible to make a deeper and a more consistent investigation of the various type nonphonon contributions to the Raman scattering in strongly correlated electron systems. A microscopic approach which was proposed in [4] [5] [6] is applied. This method is based on the construction of the polarizability operatorP of the system by means of a direct solving of the equations of motion with the use of the operator expansion. Within this scheme the electron contributions to the Raman scattering in the Hubbard model are considered, the magnon component of the scattering in the t − J model is separated (at the mean-field type consideration of the doping level) as well as the additional contributions appearing in these models due to the exchange interaction via the excited states are investigated. On the same basis the possible mechanisms of the Raman scattering in systems described by the pseudospin-electron model are studied. This model was proposed in connection with the investigation of locally anharmonic phenomena in high-T c superconducting crystals (anharmonic subsystem of ions in the double-minimum potential wells is described by means of pseudospin; the electron subsystem possesses a strong short-range correlation similar to that in the case of Hubbard model [7, 8] ).
We start from the explicit expression for the cross-section of Raman light scattering ( [4, 5] ):
here e 1 , e 2 are polarization vectors; ω 1 , ω 2 are incident and scattered light frequencies;
is the Raman scattering tensor:
whereP is the polarizability operator
HereM α ( k) is a dipole momentum of a crystal unit cell in the k-representation and the symbol {{M β ( k ′ , t)|M α ( k, s)}} stands for "unaveraged" Green's function defined in the following way [6] :
operators A(t), B(t ′ ) are given in the Heisenberg representation. The equations of motion for this function have the following form
where corresponding Fourier transforms are introduced. The equations (5), (6) are applied to construct the polarizability operator; the solutions of these equations are built in the form of operator series in powers of certain parameters of Hamiltonian H. In this work in the case of the models of the Hubbard model type the expansion in terms of the electron transfer parameter t is used.
The Hubbard model
First let us consider the case of the Hubbard model
where the first and the second terms describe the electron transfer and short-range electron correlation, respectively; µ is chemical potential. We will restrict ourselves to the case of large U, so we can make expansion in powers of t at the construction of theP -operator, considering only the terms which are linear and quadratic in t.
In the case of the Hubbard model the dipole momentum of a unit cell has a form
In this expression the nonhomeopolarity of filling of the electron states on lattice sites is taken into account. It is useful to consider the following single-site basis of the states
and to introduce the Hubbard operators X r,s = |r s|. To calculate Green's function {{M 
Then we use the equation of motion written in the form (6):
To calculate the function {{ĉ † i,σĉj,σ |ĉ † s,σ ′ĉp,σ ′ }} we again write the equation of motion (5) and neglect the terms which are proportional to t. Using this scheme, the following expression for Green's function {{M α k |M β l }} is obtained up to the terms of the second order of t:
here U plays the role of the energetic distance between the two levels which are responsible for scattering,
Comparing with the results obtained in [2, 3] , we can see that the second order terms in our expression, when i = s and n i,↑ + n i,↓ = 1, are the same as the scattering Hamiltonian obtained in [2] :
(considering only the resonant term ∼ (hω 1 − U) −1 ). Such a structure of the scattering Hamiltonian leads to the magnon Raman scattering. However, there are some additional terms in (12) which were not presented in [2] . These terms are connected with electron transitions between the next nearest neighbours and are responsible for the scattering with the participation of holes or extra electrons, which is actual in the doped case (n = 1) [9] . Now let us calculate the scattering tensor. To deal with the definition (2) we will use the formula:
In consequence we obtain the following expression for the scattering tensor:
here only the resonant term (hω 1 ∼ U) is retained. To calculate Green's function Â |Â † using the Hamiltonian of the Hubbard model, we will use a decoupling procedure for Fermi type operators:
having split Boson operators X pp in the product of two Fermi operators:
(where X pq , X rs are Fermi operators), we use the simplified version of the Hubbard-I approximation, corresponding to the case of independent subbands, and restrict ourselves to the lower Hubbard subband, neglecting contributions connected with the state |2 . After some algebra we obtain the following result:
here a is a lattice constant. The average X 11 +X 33 is determined in a self-consistent way [7, 9] . From the expression (18) we can see that the difference between the frequencies of the scattered and the incident light waves is connected with the twoelectron transitions in the band:
as well as with the one-electron intraband transitions:
Similar one-electron transitions can also be obtained from the nonresonant term in (12) , which is linear in t. The last contribution to the scattering tensor was considered in [2, 3] in the case of hole doping (n < 1). One can see that in the simple single-band case the frequency change (20) tends to zero due to the inequality |k 2 − k 1 | ≪ q, q 1 (that is characteristic of light wave vectors). By the same reason the corresponding term in (18) vanishes in the T = 0 limit. Calculating Green's function, we used the Hubbard Hamiltonian with the excluded state |2 , so we have obtained only the electron (hole) scattering.To consider the magnon scattering we will deal with the t − J model.
The extended t − J model
In the case of nearly half filling n i,↑ + n i,↓ ≈ 1 and U ≫ t the Hubbard Hamiltonian can be reduced to the effective Hamiltonian of the so-called t − J model: 
the indices α, β refer to the orbitally degenerated excited states; E is the excitation energy. K α,β i,j , M α,β i,j are additional interaction constants. The Hamiltonian is written in terms of the Hubbard operators X rs . The relation between the spin operator S i and the operators X rs is as follows:
Let us take the dipole momentum in the form:
separating the component, which is connected with the dipole transitions between the ground and the excited states;
We make expansion in terms of t/E, M/E, K/E at the construction of the polarizability operator, considering the linear terms in M/E, K/E and quadratic in t/E. Using the method described in the previous section the following formula for Green's function {{M
Here we include only the resonant terms and leave out the terms which concern the excited states. The spin part of the expression for {{M α k |M β l }} is similar to that obtained in [1] for antiferromagnet. The formula transforms into the simple product of spin operatorsˆ S iˆ S j in the case of homeopolarity: n i,↑ + n i,↓ = 1 (when the hole doping level is equal to zero) and the terms which are linear and quadratic in t/E arise from the pure band transitions.
Let us pass to the scattering tensor. A spin-polaron approach can be used for the t − J model in the region of small hole concentrations [10, 11] . We introduce for the electron operatorsˆ c i,σ the following representation in the sublattices with spin up (i ∈↑) and spin down (i ∈↓) ground states (that correspond to the antiferromagnetic ordering)
hereĥ i1 andĥ i2 are hole spinless operators andb i1 ,b i2 are magnon operators on two sublattices. Performing the canonical transformation for Fourier components
we obtain the following Hamiltonian of the spin-polaron model:
Here
This representation excludes doubly occupied states and takes into account strong antiferromagnetic spin correlations at the electron hopping. Now we rewrite the Raman scattering tensor in terms of the hole spinless operators and the magnon operators:
here the operator T
has the form:
We will consider the low values of magnon concentration and will not include the term n ml n n 1 i 1 ; we will also use the approximation:
So we have to find Green's function built on the magnon operators. In the case when the hole-magnon scattering is not taken into account it can be done using the diagonal part of the magnon Hamiltonian. For instance, let us calculate Green's function b q1 b q 2 2 |b 
The functions obtained can be easily calculated using the standard technique of the equations of motion:
Similar to this procedure we can find all other functions. As a result, considering a two-dimensional volume centred square lattice, we can write the diagonal components of the scattering tensor as follows:
(here the polarization directions coincide with the crystallographic axes). Here we have put the wave vectors k 2 , k 1 equal to zero because they are small in comparison with the edge vector of the Brillouin zone, which plays the most significant role in the scattering. The nondiagonal components of the tensor have the form
The main contribution comes from Green's function
gives contribution only to the diagonal components of the tensor. The nondiagonal components of the tensor have the terms which are proportional to sin(k x /2) sin(k y /2); these terms lead to the appearance of the peak at the edge of the Brillouin zone [1] .
The results obtained describe the two-magnon scattering and are similar to those obtained for antiferromagnetics [1] but the condition of homeopolarity is not valid for the t − J model and so the hole doping level is not equal to zero. It has led in our approximation to the appearance of the factor (1 − δ) 4 in the expression for the scattering tensor. In general, the influence of the doping on the scattering at the hole concentration increase should be more complicated due to a rapid destruction of the antiferromagnetic state. The changes in the scattering spectrum in this case can be investigated even based on the expression (32) at the proper consideration of the hole-magnon scattering.
General case
Let us return now to the Hubbard model and consider the consequences of introducing the excited atomic states [9] into this model. Into the Hamiltonian (7) we insert the additional terms which are similar to the ones used in the case of t − J model:
Here the operators c, n refer to the ground state, the operators a λ , n λ refer to the excited states. We do not include the term connected with the interaction K αβ ij because it does not lead to the new contributions to the scattering tensor in comparison with that obtained from the term connected with the interaction M αβ ij . The dipole momentum is taken in the form:
which takes into account both types of the contributions considered above.
Similar to the previous cases we can obtain the following expression for the operator Green's function {{M α |M β }}:
k ) (39) (only resonant contributions are presented). One can see the presence of the resonant terms with the frequencies:
The formula (39) for the function {{M α |M β }} includes new terms in comparison with the expression (12) . One of them (proportional to the interaction constant M k,l ) has the structure of the scalar product S l S k . Similar to (25) it leads to the magnon scattering. A similar contribution can be obtained from the resonant term proportional to (hω 1 − U) −1 in the case i = j. Considering such terms and maintaining only the resonant contributions (with factors (hω 1 − U) −1 and (hω 1,2 − E) −1 ) we can write the formula for the diagonal components of the magnon scattering tensor as follows:
(magnon Green's functions were calculated here similar to (34)). The components H αα,ββ , H ββ,αα differ from H αα,αα only by the sign of the second term. The nondiagonal components can be written as follows:
Here the case is considered, when the directions of light polarization do not coincide with the crystallographic axes; γ is the corresponding angle (γ = 0 in the case considered in the previous section). We can see that if γ = 0, the diagonal components of the tensor H αα,αα(ββ,ββ) (ω 1 , ω 2 ) also lead to the appearance of the peak at the edge of the Brillouin zone [1] . The factor (1 − δ)
4 is present in the expression for the scattering tensor contrary to the results obtained in [1] . This factor gives a rough estimate of the hole effect on the scattering (in [1] the case of pure antiferromagnets was considered).
The pseudospin-electron model
In this section we consider the main contributions to Raman scattering in a more complicated case of the pseudospin-electron model. This model can be considered as an extension of the Hubbard model by the inclusion of the interaction with pseudospin degrees of freedom. The Hamiltonian of the model has the following form [8] :
here the Hamiltonian H i describes (besides the Hubbard electron correlation) the interaction with the local anharmonic vibrational modes, described by pseudospins:
New terms in H i have the following meaning: interaction with the local vibrations (g-term), splitting of the vibrational mode by tunnelling (Ω-term), asymmetry of the vibrational mode (h-term).
In the case of narrow electron bands (t ≪ U), the single-site Hamiltonian H i plays the role of a zero order approximation. Therefore let us introduce the following single-site basis of states |n i↑ , n i↓ , S z i [8] :
It is useful to use the Hubbard operators X RS = |R S|, acting in the space spanned by the vectors (45). The Hamiltonian can be reduced to a diagonal form, using the transformation
where
Thus we get for H i in terms of the operators X rs :
The total Hamiltonian is given by the expression
Let us choose the dipole momentum of a unit cell in the form 
The expression (52) was used in [8] in the case of quasi-two-dimensional crystal structure of the YBa 2 Cu 3 O 7−δ type systems and corresponds to the "transverse"
The structure of the other terms is similar. Then we again write the equation of motion in the form (6) in order to find Green's function {{ĉ † i,σĉj,σ |ĉ † s,σ ′ĉ p,σ ′ }} up to the terms of the second order in t. Considering the resonant term, which describes the one-electron transition 1 4 → 1 4, we have
We have omitted in this expression the terms, connected with the doubly occupied states |2 , | 2 . If i=s, the expression can be written as follows:
One can see that the terms connected with the electron spin reorientation aren't present in this expression because the subband 1 4 is created by the pseudospin reorientation -for the Hubbard model this subband is not present. This expression includes the terms which effectively take into account the electron correlations on the neighbouring lattice sites in connection with the pseudospin dynamics. The corresponding Raman scattering contributions can be important in the presence of the charge ordered states with the modulation of the electron density and orientation of pseudospins (the possibility of such ordering in the pseudospin-electron model with the unit cell doubling was investigated in [14] ).
Let us consider another term, which is resonant at the transition 1 4 → 3 2
In this expression there are both the terms, connected with the reorientation of the electron spins and the ones, connected with the reorientation of the pseudospins. Therefore Raman scattering at the transitions between the band separated by U is connected with the electron spin dynamics, very similar to that described by Fleury and Loudon approach [1] (creation of magnon pairs), as well as with the pseudospin dynamics. As it was shown in [8] , the interaction with pseudospins leads to the modulation of the parameter of the effective exchange interaction, depending on the state of the pseudospin subsystem. The role of this effect can be studied by calculating the Green's functions X r r X p p |X s s X, X 4 3 X 3 4 |X 4 3 X 3 4 and others, and by investigating, on this basis, the expression for the Raman scattering tensor.
Conclusions
The method of constructing the polarizability operator for systems with a strong short-range correlation between electrons is developed in this work. The operator expansions in powers of the parameter of the electron hopping are carried out to calculate the polarizability operator. The expressions for the Raman scattering tensor in terms of the correlation functions calculated on the spin operators or Hubbard operators are obtained for the Hubbard, t − J and pseudospin-electron models. It is shown that for the pure Hubbard model, Raman scattering in the doped case cannot be reduced to the nonresonant scattering only. The resonant contributions are present as well having the character of the two-electron transitions in the conductance band. In the case of the t − J model, the scattering due to the magnon pair creation is modified by the magnon-hole scattering process. In the simplest approximation the scattering intensity decreases in the doped case proportionally to the factor (1 − δ) 4 , where δ is the concentration of holes. It is established that the inclusion of the excited electron states (and the corresponding exchange interactions) leads in the Hubbard model to the appearance, in the explicit form, of the scattering components which correspond to the Fleury-Loudon [1] mechanism of the two-magnon scattering. In general, two different contributions to the polarizability operator, one of which is connected with the nonhomeopolarity of filling of the electron states on a site and another is responsible for the dipole transitions to the excited states, lead to similar contributions to the scattering tensor.
In the case of the pseudospin-electron model the polarizability operator is not equal to zero if the electron hopping isn't present. This corresponds to the pure pseudospin scattering that is caused by the dipole transitions connected with the reorientation of pseudospins. Analysing the expression for the polarizability operator, we can see that there exist resonant transitions between the electron energy subbands which appear due to the pseudospin-electron interaction. Investigating the terms which are proportional to t 2 we have shown that the two main scattering mechanisms can be separated between others. The first one is connected with the correlation of the pseudospin dynamics with electron filling on the neighbouring sites, which can be important in the case of the charge and pseudospin spatial modulation. The second one is analogous to the two-magnon scattering in antiferromagnets which is here accompanied by the reorientation of pseudospins.
